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Âñòóï
Íåïåðåðâíi g-äðîáè

s0

1 +
g1z

1 +
g2(1− g1)z

1 +
g3(1− g2)z

1 + . . .

=
s0

1 +
∞
D

i=1

gi(1− gi−1)z
1

,

äå 0<gn<1, g0=0, n≥1, z ∈ C ¹ íàéáiëüøå âèâ÷åíèì
òèïîì ôóíêöiîíàëüíèõ íåïåðåðâíèõ äðîáiâ, äëÿ ÿêèõ
äîñëiäæåíî ïèòàííÿ çáiæíîñòi [13], âñòàíîâëåíî îöií-
êè ïîõèáîê íàáëèæåííÿ [8] òà, ÿêi çíàéøëè ÷èñëåí-
íi çàñòîñóâàííÿ, íàïðèêëàä, äî ðîçâ'ÿçóâàííÿ ñòå-
ïåíåâî¨ ïðîáëåìè ìîìåíòiâ äëÿ iíòåðâàëó (0, 1) [13],
äî çíàõîäæåííÿ íóëiâ, ïîëþñiâ i îáëàñòåé îäíîëè-
ñòîñòi äåÿêèõ ìåðîìîðôíèõ i ãîëîìîðôíèõ ôóíêöié
[10], [11], äî ðîçâ'ÿçóâàííÿ ôóíêöiîíàëüíèõ ðiâíÿíü
Feigenbaum-Cvitanov-æà [12]. Äåòàëüíèé îãëÿä äîñëi-
äæåíü òàêèõ äðîáiâ íàâåäåíî â ìîíîãðàôiÿõ [6,13].
Áàãàòîâèìiðíi óçàãàëüíåííÿ g-äðîáiâ ðîçãëÿíóòî â
ðîáîòàõ [1�5, 7].

Îá'¹êòîì íàøèõ äîñëiäæåíü ¹ äâîâèìiðíèé íåïå-
ðåðâíèé g-äðiá [3]

(1)
äå s0 > 0,

Φk(z) =
∞
D

j=1

(1− gj+k−1,k)gj+k,kz1

1
+

+
∞
D

j=1

(1− gk,j+k−1) gk,j+kz2

1
,

k ≥ 0, g00 = 0, 0 < gkj < 1, k ≥ 0,

j ≥ 0, k + j ≥ 1, z = (z1, z2) ∈ C2,

ÿêèé çáiãà¹òüñÿ äî ãîëîìîðôíî¨ ôóíêöi¨ â îáëàñòi
G = ∪

α∈(−π/2,π/2)
Pα,

äå

Pα = {z : |z1|+ |z2|+ 2 |z1, z2| −
−Re (

(z1 + z2 + 2z1z2) e−2iα
)

< 2 cos2 α
}

,
(1)

ïðè÷îìó çáiæíiñòü ¹ ðiâíîìiðíîþ íà êîæíié êîìïàêò-
íié ïiäìíîæèíi öi¹¨ îáëàñòi [3].

Ìåòîþ ðîáîòè ¹ âñòàíîâëåííÿ îöiíîê ïîõèáîê íàá-
ëèæåííÿ äëÿ äâîâèìiðíîãî íåïåðåðâíîãîg-äðîáó (1).

Ðîçãëÿíåìî äâîâèìiðíèé íåïåðåðâíèé äðiá (ÄÍÄ)
âèãëÿäó

∞
D

k=0

akk

1 + Ψk
, Ψk =

∞
D

j=1

ak+j,k

1
+

∞
D

j=1

ak,k+j

1
, (2)

äå akj ∈ C, k ≥ 0, j ≥ 0.
ÄÍÄ ç n-ìè ïiäõiäíèìè äðîáàìè f∗n íàçèâà¹òüñÿ

ïàðíîþ ÷àñòèíîþ ÄÍÄ ç n-ìè ïiäõiäíèìè äðîáàìè
f∗n, ÿêùî f∗n = f∗2n, n ≥ 1.

Âèêîðèñòîâóþ÷è âëàñòèâîñòi äðîáîâî-ëiíiéíèõ
âiäîáðàæåíü, â [2] äîâåäåíî ñïðàâåäëèâiñòü íàñòóïíî-
ãî òâåðäæåííÿ

Òâåðäæåííÿ 1. Ïàðíîþ ÷àñòèíîþ ÄÍÄ (2) çn-
ìè ïiäõiäíèìè äðîáàìè

fn =
[(n−1)/2]

D
k=0

akk

1 + Ψ(n−1−2k)
k

, n ≥ 1,

äå [(n− 1)/2] � öiëà ÷àñòèíà (n− 1)/2, Ψ(0)
k = 0 i ïðè

0 ≤ k ≤ [(n− 1)/2]− 1

Ψ(n−1−2k)
k =

n−1−2k

D
j=1

ak+j,k

1
+

n−1−2k

D
j=1

ak,k+j

1
,

¹ ÄÍÄ
∞
D

k=0

akk

1 + ak+1,k + ak,k+1 + Φk
,

*Àâòîð-ðåñïîíäåíò
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Φk =
∞
D

j=1

−a2j−1+k,ka2j+k,k

1 + a2j+k,k + a2j+k+1,k
+

+
∞
D

j=1

−ak,2j−1+kak,2j+k

1 + ak,2j+k + ak,2j+k+1
,

ç n-ìè ïiäõiäíèìè äðîáàìè

fn =
n−1

D
k=0

akk

1+ak+1,k+ak,k+1+Φ(n−1−k)
k

, n ≥ 1, (3)

äå Φ(0)
k = 0 i ïðè 0 ≤ k ≤ n− 2

Φ(n−1−k)
k =

n−1−k

D
j=1

−a2j−1+k,ka2j+k,k

1 + a2j+k,k + a2j+k+1,k
+

+
n−1−k

D
j=1

−ak,2j−1+kak,2j+k

1 + ak,2j+k + ak,2j+k+1
.

Çàóâàæèìî, ùî n-íi ïiäõiäíi äðîáè ÄÍÄ (2) ¹ òàê
çâàíèìè ôiãóðíèìè ïiäõiäíèìè äðîáàìè [1,2,9].

ßêùî ÄÍÄ çáiæíèé äî ñêií÷åííî¨ ãðàíèöi f , òî
ðiçíèöÿ f−fn íàçèâà¹òüñÿ ïîõèáêîþ íàáëèæåííÿn-ì
ïiäõiäíèì äðîáîì äâîâèìiðíîãî íåïåðåðâíîãî äðîáó.
Iñíóþòü, òàê çâàíi, àïðiîðíi òà àïîñòåðiîðíi îöiíêè
ïîõèáîê íàáëèæåíü. Àïðiîðíi îöiíêè ìàþòü âèãëÿä
|f − fn| ≤ Cn, äå Cn → 0 ïðè n → ∞, àïîñòåðiîðíi �
|f − fn| ≤ C |fn − fn−1|, äå C � ñòàëà.

I. Îñíîâíi ðåçóëüòàòè
Ââåäåìî ïîíÿòòÿ äâîâèìiðíîãî íåïåðåðâíîãî

π-äðîáó ÄÍÄ âèãëÿäó

π0

1+z1+z2+Ψ0 (z)+
∞
D

i=1

πi−1,i−1πiiz1z2

1 + πii + z1 + z2 + Ψi (z)

, (4)

äå π0 > 0,

Ψk (z) = − z1

1 +
πk+1,k

1 + z1 − z1

1 +
πk+2,k

1 + z1 − . . .. . .

− z2

1 +
πk,k+1

1 + z2 − z2

1 +
πk,k+2

1 + z2 − . . .. . .

, k ≥ 0,

π00 = 1, πkj > 0, k ≥ 0, j ≥ 0, k + j ≥ 1, z ∈ C2, íàçâåìî äâîâèìiðíèì íåïåðåðâíèì π-äðîáîì.
Íåõàé âèðàçè

f1 (z) = π0/(1 + z1 + z2), f2 (z) = π0,

fn (z) =
π0

1 + z1 + z2 + Ψ(n−1)
0 (z) +

[(n−1)/2]

D
j=1

πj−1,j−1πjjz1z2

1 + πjj + z1 + z2 + Ψ(n−1−2j)
j (z)

, n ≥ 3

äå Ψ(0)
j (z) = 0, Ψ(1)

j (z) = −z1 − z2 i ïðè 0 ≤ k ≤ [(n− 1)/2]− 1

Ψ(n−1−2k)
k (z) = − z1

1 +
πk+1,k

1 + z1−
. . .

− z1

1 +
π[(n−1)/2],k

1 + z1

− z2

1 +
πk,k+1

1 + z2−
. . .

− z2

1 +
πk,[(n−1)/2]

1 + z2

,

ÿêùî n � íåïàðíå,

Ψ(n−1−2k)
k (z) = − z1

1 +
πk+1,k

1 + z1−
. . .
− z1

1 +
π[(n−1)/2],k

1 + z1 − z1

1

− z2

1 +
πk,k+1

1 + z2−
. . .

− z2

1 +
πk,[(n−1)/2]

1 + z2 − z2

1

ÿêùî n � ïàðíå, ¹ n-ìè ïiäõiäíèìè äðîáàìè (n ≥ 1) äâîâèìiðíîãî íåïåðåðâíîãî π-äðîáó, òîáòî n-é ïiäõiäíèé
äðiá äðîáó (4) ¹ ôiãóðíèì ïiäõiäíèì äðîáîì.
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Òâåðäæåííÿ 1. Ïàðíîþ ÷àñòèíîþ äâîâèìið-
íîãî íåïåðåðâíîãî π-äðîáó (4), äå zp 6= −1, p = 1, 2,
z1 + z2 6= −1, 1 + πjj + z1 + z2 6= −1, j ≥ 1, ¹ äâî-
âèìiðíèé íåïåðåðâíèé g-äðiá (1), äå s0 = π0, π00 = 1,
gkl = πkl/ (1 + πkl), k ≥ 0, l ≥ 0, k + l ≥ 1, ç n-ìè
ïiäõiäíèìè äðîáàìè âèãëÿäó (3).

¤ Äîâåäåííÿ. Åêâiâàëåíòíèìè ïåðåòâîðåííÿìè,
ïðèéìàþ÷è

ρ00 =
1

1 + z1 + z2
, ρjj =

1
1 + πjj + z1 + z2

, j ≥ 1,

ρ2n+k,k =
1

1 + z1
, ρk,2n+k =

1
1 + z2

,

ρ2n−1+k,k = 1, ρk,2n−1+k = 1, k ≥ 0, n ≥ 1,

äâîâèìiðíèé íåïåðåðâíèéπ-äðiá çâåäåìî äî âèãëÿäó

π0

1 + z1 + z2

1 +
Ψ0 (z)

1 + z1 + z2
+

2 + z1 + z2

1 + z1 + z2

∞
D

j=1

πj−1,j−1πjjz1z2

(1 + πj−1,j−1 + z1 + z2)(1 + πjj + z1 + z2)

1 +
Ψj (z)

1 + πjj + z1 + z2

, (5)

äå

Ψk (z) = − z1

1 +

πk+1,k

1 + z1

1−
z1

1 + z1

1 +

πk+2,k

1 + z1

1− . . .

− z2

1 +

πk,k+1

1 + z2

1−
z2

1 + z2

1 +

πk,k+2

1 + z2

1− . . .

, k ≥ 0.

Çàñòîñîâóþ÷è òâåðäæåííÿ 1 äî ÄÍÄ (5), ìà¹ìî
π0

1 + z1 + z2

1− z1 + z2

1 + z1 + z2
+ Ψ∗0 (z) +

∞
D

j=1

πj−1,j−1πjjz1z2

(1 + πj−1,j−1 + z1 + z2)(1 + πjj + z1 + z2)

1− z1 + z2

1 + πjj + z1 + z2
+ Ψ∗j (z)

,

äå

Ψ∗0 (z) =
1 + z1

1 + z1 + z2

∞
D

j=1

πj0z1

(1 + z1)2

1 +
πj0 − z1

1 + z1

+
1 + z2

1 + z1 + z2

∞
D

j=1

π0jz2

(1 + z2)2

1 +
π0j − z2

1 + z2

,

Ψ∗k (z) =
1 + z1

1 + πkk + z1 + z2

∞
D

j=1

πj+k,kz1

(1 + z1)2

1 +
πj+k,k − z1

1 + z1

+
1 + z2

1 + πkk + z1 + z2

∞
D

j=1

πk,j+kz2

(1 + z2)2

1 +
πk,j+k − z2

1 + z2

, k ≥ 1.

Çâiäñè, ïiñëÿ åêâiâàëåíòíèõ ïåðåòâîðåíü, îòðèìó-
¹ìî äâîâèìiðíèé íåïåðåðâíèé g-äðiá (1).

Âñòàíîâèìî îöiíêè øâèäêîñòi çáiæíîñòi äâîâè-
ìiðíîãî íåïåðåðâíîãî g-äðîáó (1).

Ââåäåìî òàêi ïîçíà÷åííÿ:

G
(0)
[(s−1)/2] (z) = 1 + π[(s−1)/2],[(s−1)/2] + z1 + z2,

G
(0)
0 (z) = 1 + z1 + z2, G

(1)
0 (z) = 1,

G
(1)
[(s−1)/2] (z) = 1 + π[(s−1)/2],[(s−1)/2],

G
(s−1)
0 (z) = 1 + z1 + z2 + Ψ(s−1)

0 (z)+

+
[(s−1)/2]

D
r=1

πr−1,r−1πrrz1z2

1 + πrr + z1 + z2 + Ψ(s−1−2r)
r (z)

,

äå s ≥ 3,

G
(s−1−2j)
j = 1 + πjj + z1 + z2 + Ψ(s−1−2j)

j (z)+
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+
[(s−1)/2]

D
r=j+1

πr−1,r−1πrrz1z2

1 + πrr + z1 + z2 + Ψ(s−j−2r)
r (z)

,

äå s ≥ 5, 1 ≤ j ≤ [(n− 1)/2]− 1,

G
(s−1−2j)
[(s−1)/2]+1,j(z1) = 1,

G
(s−1−2j)
j+k,j (z1) = 1 +

πj+k,j

1 + z1−
. . .

− z1

1 +
π[(s−1)/2],j

1 + z1 − z1

1

,

G
(s−1−2j)
j,[(s−1)/2]+1(z2) = 1,

G
(s−1−2j)
j,j+k (z2) = 1 +

πj,j+k

1 + z2−
. . .

− z2

1 +
πj,[(s−1)/2]

1 + z2 − z2

1

,

F
(s−1−2j)
[(s−1)/2]+1,j(z1) = 1 + z1,

F
(s−1−2j)
j+k,j (z1) = 1 + z1 − z1

1 +
πj+k+1,j

1 + z1−
. . .

− z1

1 +
π[(s−1)/2],j

1 + z1 − z1

1

,

F
(s−1−2j)
j,[(s−1)/2]+1(z2) = 1 + z2,

F
(s−1−2j)
j,j+k (z2) = 1 + z2 − z2

1 +
πj,j+k+1,j

1 + z2−
. . .

− z2

1 +
πj,[(s−1)/2]

1 + z2 − z2

1

,

äå s ≥ 2r, r ≥ 2, 0 ≤ j ≤ [(s− 1)/2] − 1, 1 ≤ k ≤
≤ [(s− 1)/2] − j. Ïðè öüîìó ñïðàâäæóþòüñÿ ðåêó-
ðåíòíi ñïiââiäíîøåííÿ

G
(s−1)
0 (z) = 1 + z1 + z2 + Ψ(s−1)

0 (z) +
π11z1z2

G
(s−3)
1 (z)

äëÿ s ≥ 3,

G
(s−1−2j)
j (z) = 1 + πjj + z1 + z2 + Ψ(s−1−2j)

j (z)+

+
πjjπj+1,j+1z1z2

G
(s−3−2j)
j+1 (z)

äëÿ s ≥ 5, r ≥ 2, 1 ≤ j ≤ [(n− 1)/2]− 1,

G
(s−1−2j)
j+k,j (z1) = 1 +

πj+k,j

F
(s−1−2j)
j+k,j (z1)

,

G
(s−1−2j)
j,j+k (z2) = 1 +

πj,j+k

F
(s−1−2j)
j,j+k (z2)

,

(6)

F
(s−1−2j)
j+k,j (z1) = 1 + z1 − z1

G
(s−1−2j)
j+k+1,j (z1)

,

F
(s−1−2j)
j,j+k (z2) = 1 + z2 − z2

G
(s−1−2j)
j,j+k+1 (z2)

(7)

äëÿ s ≥ 2r, r ≥ 2, 0 ≤ j ≤ [(s− 1)/2] − 1, 1 ≤ k ≤
≤ [(s− 1)/2]− j.

Òåîðåìà 1. Äâîâèìiðíèé íåïåðåðâíèé g-äðiá (1) çáiãà¹òüñÿ äî ãîëîìîðôíî¨ ôóíêöi¨ g (z) â îáëàñòi

D =
⋃

α∈(−π/2,π/2)

(
Pα

⋂
Gα

)
,

äå Pα âèçíà÷à¹òüñÿ ôîðìóëîþ (1),

Gα =
{

z :
√
|z1z2| cosα < cos2 α− (|z1z2| − Re

(
z1z2e−2iα

))}
,

i äëÿ ïîõèáîê íàáëèæåííÿ â îáëàñòi Pα

⋂
Gα, −π/2 < α < π/2 ïðè n ≥ 3 ñïðàâäæóþòüñÿ òàêi îöiíêè:

|g (z)− gn (z)| ≤ s0

(1− ω (z1)− ω (z2)− ω (z))2 cos2 α


Ln0 (z) +

n−3∑

j=1

Lnj (z) |z1z2|j
((1− ω (z)) cos α)2j

+

+

(
|z1|2 + |z2|2

)
|z1z2|n−2

((1− ω (z)) cos α)2n−4 cos2 α
+

(|z1|+ |z2|) |z1z2|n−1

((1− ω (z)) cos α)2n−2 cos α
+

|z1z2|n
((1− ω (z)) cos α)2n−1


 , (8)

äå gn (z)− n-é ïiäõiäíèé äðiá äâîâèìiðíîãî íåïåðåðâíîãî g-äðîáó(1),
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ω (z) =
|z1z2| − Re

(
z1z2e−2iα

)cos2 α, ω (zp) =
|zp| − Re

(
zpe−2iα

)

2 cos2 α
, p = 1, 2,

Lnk (z) =
2∑

j=1

Lj (zj)

∣∣∣∣∣
1−√

1 + zj

1 +
√

1 + zj

∣∣∣∣∣

n−2−k

, 0 ≤ k ≤ n− 3,

Lj (zj) = max
{

1, tg
|arg (1 + zj)|

2

} |zj | (cos α + |zj |)
cos2 αRe

√
1 + zj

∣∣∣∣∣
√

1 + zj − 1√
1 + zj

∣∣∣∣∣ , j = 1, 2.

Ó âèðàçàõ äëÿ âñiõ Lnk (z) áåðåòüñÿ ãîëîâíå çíà÷åííÿ
√

1 + zj, j = 1, 2.

¤ Äîâåäåííÿ. Çáiæíiñòü äâîâèìiðíîãî íåïåðåðâ-
íîãî g-äðîáó (1) äî ãîëîìîðôíî¨ ôóíêöi¨g (z) â îáëà-
ñòi D äîâåäåíà â ðîáîòi [3]. Íåõàé α−äîâiëüíå ÷è-
ñëî ç iíòåðâàëó (−π/2, π/2). Íà ïiäñòàâi òâåðäæåí-
íÿ 2 gn (z) = f2n (z), n ≥ 1. Îöiíèìî ìîäóëü ðiçíèöi
ïiäõiäíèõ äðîáiâ |f2m (z)− f2n (z)| äâîâèìiðíîãî íå-
ïåðåðâíîãî π-äðîáó (4) ïðè m > n ≥ 3.

Iç (1) âèïëèâà¹ âèêîíàííÿ íåðiâíîñòåé

|zp| − Re(zpe−2iα) < 2 cos2 α, p = 1, 2, (9)

|z1|+ |z2| − Re((z1 + z2)e−2iα) < 2 cos2 α,

|z1z2| − Re(z1z2e−2iα) <
1
2

cos2 α.

Êðiì òîãî, iç äîâåäåííÿ ëåìè 4.41 ç [6] âèïëèâà¹,
ùî ïðè x ≥ c > 0 i v2 ≤ 4u + 4

min
−∞<y<∞

Re
u + iv
x + iy

= −
√

u2 + v2 − u
2x

. (10)

Äîâåäåìî âèêîíàííÿ òàêèõ íåðiâíîñòåé:

Re(F(s−1−2j)
j+k,k (z1)e−iα) ≥ (1− ω(z1)) cos α, (11)

Re(F(s−1−2j)
k,j+k (z2)e−iα) ≥ (1− ω(z2)) cos α (12)

äëÿ s = 2r, r ≥ 2, 0 ≤ j ≤ [(s− 1)/2] − 1, 1 ≤ k ≤
[(s− 1)/2]− j,

Re(G(s−1)
0 (z) e−iα)≥(1−ω(z1)−ω(z2)−ω (z)) cos α (13)

äëÿ s ≥ 2j, j ≥ 2 i

Re(G(s−1−2j)
j (z) e−iα) ≥ πjj(1− ω (z)) cos α (14)

äëÿ s = 2r, r ≥ 3, 1 ≤ j ≤ [(s− 1)/2].
Ïðè k = [(s− 1)/2] − j íåðiâíîñòi (11) ¹ î÷åâèä-

íèìè. Íåõàé (11) âèêîíóþòüñÿ ïðè k = p + 1 <
< [(s− 1)/2]− j. Òîäi äëÿ k = p ìà¹ìî

F
(s−1−2j)
j+p,j (z1)e−iα = (1 + z1)e−iα − z1e−iα

G(s−1−2j)
j+p+1,j (z1)

= e−iα +
πj+p+1,jz1e−2iα

(πj+p+1,j + F(s−1−2j)
j+p+1,j (z1))e−iα

.

Âèêîðèñòîâóþ÷è ñïiââiäíîøåííÿ (9) i (10), îòðèìà¹ìî

Re(F(s−1−2j)
j+p,j (z1)e−iα) ≥ cos α− πj+p+1,j(|z1| − Re(z1e−2iα))

2(πj+p+1,j cosα + Re(F(s−1−2j)
j+p+1,j (z1)e−iα))

> (1− ω(z1)) cos α.

Àíàëîãi÷íî äîâåäåííþ íåðiâíîñòåé (11), ìîæíà
äîâåñòè âèêîíàííÿ íåðiâíîñòåé (12)�(14). Iç ñïiââiä-
íîøåíü (6)�(14) âèïëèâà¹, ùî âñi F

(s−1−2j)
j+k+1,j (z1) 6= 0,

F
(s−1−2j)
j,j+k+1 (z2) 6= 0, G

(s−1−2j)
j+k,j (z1) 6= 0, G

(s−1−2j)
j,j+k (z2) 6=0,

G
(s−1−2j)
j (z) 6= 0. Âèêîðèñòîâóþ÷è ôîðìóëó ðiçíèöi

ìiæ ïiäõiäíèìè äðîáàìè ÄÍÄ [1,2] äëÿ ðiçíèöi äâîõ
ïiäõiäíèõ äðîáiâ f2m (z)− f2n (z) äâîâèìiðíîãî íåïå-
ðåðâíîãî π-äðîáó (4) ïðè m > n ≥ 2, ìà¹ìî

f2m (z)− f2n (z) = −π0(Ψ
(2m−1)
0 (z)−Ψ(2n−1)

0 (z))

G
(2m−1)
0 (z)G

(2n−1)
0 (z)

+
π0(−1)n

n∏
k=1

πk−1,k−1πk,kz1z2

n∏
k=0

G
(2m−1−2k)
k (z)

n−1∏
k=0

G
(2n−1−2k)
k (z)

+
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+
n−1∑

j=1

(−1)j+1(Ψ(2m−1−2j)
j (z)−Ψ(2n−1−2j)

j (z))π0

j∏
k=1

πk−1,k−1πkkz1z2

j∏
k=0

G
(2m−1−2k)
k (z) G

(2n−1−2k)
k (z)

.

Ç òåîðåìè 1 ç [8] âèïëèâà¹ âèêîíàííÿ íåðiâíîñòåé

∣∣∣Ψ(2m−1−2k)
k (z)−Ψ(2n−1−2k)

k (z)
∣∣∣ ≤ Lnk (z) , (15)

äå m > n ≥ 3, 0 ≤ k ≤ n− 3. Íà îñíîâi ñïiââiäíîøåíü
(6)�(12), âèêîíóþòüñÿ òàêi íåðiâíîñòi:

∣∣∣Ψ(2m−1−2k)
k (z)−Ψ(2n−1−2k)

k (z)
∣∣∣≤

∣∣∣ z1

cosα

∣∣∣
n−k

+
∣∣∣ z2

cosα

∣∣∣
n−k

,

(16)
äå m > n ≥ 3, k = n− 2, n− 1.

Äàëi, âèêîðèñòîâóþ÷è ñïiââiäíîøåííÿ (13)�(16),
ïðè m > n ≥ 3 ìà¹ìî

|f2m (z)− f2n (z)| ≤ π0

(1− ω(z1)− ω(z2)− ω (z))2 cos2 α


Ln0 (z) +

n−3∑

j=1

Lnj (z) |z1z2|j
((1− ω (z)) cos α)2j

+

+

(
|z1|2 + |z2|2

)
|z1z2|n−2

((1− ω (z)) cos α)2n−4 cos2 α
+

(|z1|+ |z2|) |z1z2|n−1

((1− ω (z)) cos α)2n−2 cos α
+

|z1z2|n
((1− ω (z)) cos α)2n−1


 .

Ïåðåõîäÿ÷è â îñòàííié íåðiâíîñòi äî ãðàíèöi ïðè
m →∞, îòðèìó¹ìî (8). ¥

Çàçíà÷èìî, ùî iç îöiíîê (8) âèïëèâà¹, ùî äëÿ
êîæíîãî α, −π/2 < α < π/2, äâîâèìiðíèé íåïåðåðâ-
íèé g-äðiá (1) çáiãà¹òüñÿ äî ãîëîìîðôíî¨ ôóíêöi¨g (z)

â îáëàñòi Pα

⋂
Gα øâèäøå íiæ ðÿä

∞∑
n=3

(n + 1)qn−2, äå
0 < q < 1, q = q(K), K−äîâiëüíà êîìïàêòíà ïiäìíî-
æèíà öi¹¨ îáëàñòi.

Âèñíîâêè
Äâîâèìiðíi íåïåðåðâíiπ- i g-äðîáè ìîæíà âèêîðè-

ñòîâóâàòè äëÿ äîñëiäæåííÿ ìåðîìîðôíèõ i ãîëîìîð-
ôíèõ ôóíêöié äâîõ çìiííèõ. Çàëèøà¹òüñÿ íåâèðiøå-
íèì ïèòàííÿ çáiæíîñòi äâîâèìiðíîãî íåïåðåðâíîãîπ-
äðîáó.
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TRUNCATION ERROR BOUNDS
FOR THE TWO-DIMENSIONAL CONTINUED g-FRACTION

S. Vozna*, Kh. Kuchmins'ka
Lviv Polytechnic National University

12, S. Bandery Str., Lviv, 79013, Ukraine

The two-dimensional continued π-fraction has been proposed. It also has been proved that
the even part of such fraction is à two-dimensional continuedg-fraction. Using this fact we have
established truncation error bounds for the two-dimensional continuedg-fraction.
Keywords: π-fraction, g-fraction, convergence, truncation, error bounds.
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